
A capillary surface is a hypersurface meeting some container at a prescribed 
angle, like the surface of water in a cup. In this talk I describe some recent 
results concerning the boundary regularity of capillary surfaces which either 
minimize or are critical for their relevant energy. The first result (joint with O. 
Chodosh and C. Li) is an improved dimension bound for the boundary singular 
set of energy-minimizers, exploiting the connection between capillary minimal 
surfaces and the one-phase Bernoulli problem. The second (joint with L. de 
Masi, C. Gasparetto, and C. Li) is an Allard-type regularity theorem for 
energy-critical capillary surfaces near capillary half-planes, which implies 
regularity at generic boundary points of density﹤1.
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